Problema saptiamaénii 273 (1-7 nov.2021):

Fie ABCD —un patrulater convex, in care 4B si CD nu sunt paralele si [4B]=[CD].
Fie E si I —mijloacele diagonalelor [ AC], respectiv [BD]. Daca dreapta EF intersecteaza

laturile [AB] si [CD] in punctele G, respectiv H, demonstrati ca: AGH = DHG.

C

SOLUTIE (Mihai Miculita): Notand cu M :=S,(B) sicu N :=§,(C), din:

= MABC — paralelogram = [CM | =[ AB]

M =S,(B)(ip) = [EM]=[EB] (1)}
[EA]=[EC](ip)

[4B]=[CD)(ip) =

N=8.(C)(ip) = [FN]=[FC](2)

[FB]=[FD](ip)

—[CM]=[A4B]=[CD]=[BN]. (3)

} = NBCD — paralelogram = [BN]=[CD]

Pe de alta parte, din:

[EA]=[EC](ip) | AN [=2-|EF| (4)

} = [EF'] = linie mijlocie in ACNA = {

[FN]=[FC](2) EF||AN (5)
LFD]= [FB](ip)} = [EF] = linie mijlocie in ABDM = {l DM =2 |EF] (6)
[EM]=[EB](1) EF||DM; (7)

iar din:
|AN|=2-|EF|(4)}
= [AN]=[DM] (8)
| DM |=2-| EF | (6)

si atunci, din:
[CM]=[AB]=[CD]=[BN](3)

}:» ABNA = ACDM (LLL) = BNA= NAB = CDM = DMC. (9)
[AN]=[DM](3)

In fine, din:
HG(= EF)|| AN (5)= CHG = CDM
CDM = NAB(9) } = C/fEJEFTG\B:m(EH\G)ﬂso‘) —m((ﬁJ\G)z
HG(= EF)|| DM (7)= HGB = NAB

=180°—m(F7G\B)=m(A/G7I):> DHG = AGH | m




