
Problema s«pt«m¥nii 45.

Fie a, b, c numere reale mai mari sau egale cu 1. Ar«tat�i c«

min

(
10a2 − 5a+ 1

b2 − 5b+ 10
,
10b2 − 5b+ 1

c2 − 5c+ 10
,
10c2 − 5c+ 1

a2 − 5a+ 10

)
≤ abc.
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Problem of the week no. 45

Let a, b, c be real numbers greater than or equal to 1. Prove that

min

(
10a2 − 5a+ 1

b2 − 5b+ 10
,
10b2 − 5b+ 1

c2 − 5c+ 10
,
10c2 − 5c+ 1

a2 − 5a+ 10

)
≤ abc.
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Solut�ie:

Ar fi suficient s« demonstr«m c«(
10a2 − 5a+ 1

b2 − 5b+ 10

)(
10b2 − 5b+ 1

c2 − 5c+ 10

)(
10c2 − 5c+ 1

a2 − 5a+ 10

)
≤ (abc)3.

Pentru aceasta ar fi suficient ca
10a2 − 5a+ 1

a2 − 5a+ 10
≤ a3, ceea ce este echivalent cu

(a− 1)5 ≥ 0 �si este, prin urmare, evident.

English Solution

1

https://artofproblemsolving.com/community/c5h587519p3477681

