Problema 302:

Fie ABCDEF un hexagon inscriptibil, inscris intr-un cerc avand centrul O, avand
proprietatea ci: [AD]N[BE]N[CF]={P} si m(@) - m(ﬁﬁj) = 60°. Aritati ci, are loc
relatia: | PA|+|PC|+|PE|=| PB|+|PD|+| PF|.

SOLUTIE (M.Miculita): Daca U,V si W —sunt mijloacele diagonalelor [AD],[BE] si
respectiv [CF'] (diagonalele determinate de varfurile opuse), atunci Intrucat:
|UA|=|UD |= OU L UP
|VB|=|VE |=> OV L PV = O,|PeUVW; (1)|= PWUV —inscriptibil =
|CW |=| WF |=> OW L PW

m(lfﬁ]):m(ﬁ/):wo
= (/\) (/\) . = |AUVW —echilateral. (2)
m|\VWU |=m(VPU ) =60

Din relatiile (1) si (2), rezulta cd are loc: || PU |=| PV |+| PW |; (3)|(rel.lui SCHOOTEN).

Tinadnd acum de relatia (3), avem:

| PA|+| PC|+| PE = (| AU | TR )+ (TPH+ | CW |)+ (TR + | VE ) =| AU | +| CW | + | VE |=
1
5

(| AD|+|CF |+|BE|)= | PA|+| PC| +| PE|=

(|AD|+|CF|+|BE|); 4)

N |~

Si:

|PB|+|PD|+|PF|:(|BV|—|\RK[)+(|\P~LQ+|UD|)+(|WF|—\P~I<TQ):|BV|+|UD|+|WF|:

:%.(|AD|+|CF|+|BE|):|PA|+|PC|+|PE|:%.(|AD|+|CF|+|BE|). ®)

In fine, din relatiile (4) si (5), obtinem ca:

|PA|+|PC|+|PE|=|PB|+|PD|+|PF||.I




